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Let Ω be a measurable subset of Rd with finite Lebesgue measure
m. A problem raised by I. E. Segal asks: For which sets Ω does
the Hilbert space L2(Ω,m) admit an orthonormal basis of the form
{eλ(x) = exp(i2πλ ·x); λ ∈ Λ} for some suitable subset Λ of Rd?

In the present note, the authors continue to study related problems;
namely, they consider pairs of measures (µ, ν) on Rd such that Fµ(λ) =∫

e−i2πλ·xf(x)dµ(x) induces an isometric isomorphism of L2(µ) onto
L2(ν). It turns out that if µ is a finite measure, then ν is a counting
measure with uniformly discrete support. The type of measure studied
is of fractal nature and comes from special affine transformations of
Rd. Paul Jolissaint (CH-NCH)


